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Fig. 1. Simulation model of the nanobubble nucleation process: (a) Smooth surface model; (b) rough surface model; (c¢) schematic

diagram of cylindrical nanobubbles, the silver beads represent solid atoms, the green beads represent gas atoms, and the red and

white beads represent oxygen and hydrogen atoms of the water molecule, respectively. 1 atm = 1.013x10° Pa.
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Table 1. L-J parameters of the different atoms used in

molecular dynamics simulation.

ij o/nm e/(kJ-mol ) HLfif /e
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Fig. 2. Simulation of gas solubility and diffusion coefficient: (a) Simulation model of gas solubility; (b) linear fitting of the relation-

ship between gas concentration in water and gas concentration in the gas phase; (c) relationship between the mean square displace-

ment (MSD) of gas in water and time ¢.

024702-4


http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1

) 32 % 3R Acta Phys. Sin. Vol. 74, No. 2 (2025) 024702

SRR AL A b A AR B AT AR A 1A )

emg = ¢ [+ 0/(RP)], (6)
K, o WIREEET) Py BRRIA P SRR, o R
KW mE kS 5FF SPC/E 41K B RS i
5K 7120 58 mN/m). T i B2, TEERIE KR
t, (6) NFFMEIEN e = o [L + 20/ (RPy)], BIE
FETE 40 K A 28 1T A AR B 249 SR RO 9 oK it
1) 1/2. BRILZAh, BRIE S0 2R BRI AR 535
5 RPFN RS SR IEAR G, T B A B < 1 2R 11 AR
AR 505 RYRT R? 5k IE MG, R IE R
HOPIREPSE Ul

L =2Rsind, (7)

H =R (1—cosh), (8)

S = 2R0S, (9)

V = 6R? (# — sinfcosh) , (10)

A, LRI, 0 20K —M
Hefiff, HREGORTH SR, o 9K MW,
SRR, VEGPKR AR,
g m = pV AL HE:
dm  20Rp (0 — sinfcost) dR

— = . 11
dt dt (11)

B (4) X—(11) 20, RGO TR ) 7

VN W

o 1 1
ar _ "D <) |7t )
dt p (6 — sinfcosb)
FERLE R R TR, 20K AR p

St At R B RREL, il BT LR TE R By Fom A
TR

. (12)

n= CINB/P- (13)
i (12) 20 (13) A3

w ol

dt [1 + ROPJ (0 — sinfcosh)

Rt (14) 220 AR BDEIE B BRI Eak
TR ) 2 A

20sind || 2sinf 1
dL LR, M L W@] 5)

dt 20sinf
1 o
[ + P, } (6 — sinfcosh)

260 Dnsinf [C —

4 HR50H

41 RBRENKSERZIEREK
=

Kl 3 Sty e B AR AN ¢ = 100
K UL R . WA v AR &
HORAARARER, TR SRR AR R 100 B A4
o, PR B R T RELZS I B AR 1%
B Z05E X8 0 ns. 81 ns F & - AL S B A VS
RN, BEESRREMRPGHEA K, 7E 83 ns B i
PR SIRIER, 130 ns BRI E BA
BRI, XFH 85 ns #1100 ns SR, KIS,
WOAE E - S AR sh LS, X e T4 iz sl
i3 1591,

XK T SHGHEA T, A5 BNIA0K R
Wl (AR SCrb e fal i 248 SR — M2l A )
AR S EERERT M AR AL, GnE 4 R, B 4 th R
B 25 SO SR RAEARIE BB 2. i & 4(a) 7T
A BRI T O Y B I, (H GRS ) ke
FAOFARTE E, T B ) (R] S RS B TR A
R T AZ I, GRS 384
BT IR, 8 Szyszkowski J7 &

kgT
'yfg = Yog — BTln (1 + K%P) , (16)

P, A8, Ty ST BNFIRTESMAIE T PO Y
B A HGK T), kg /R BRGSO, TR,
b BB SUAST TR AR, K, - A
M £ H(16) AT BEE SRS P g
K, BRI SK R . AR RO R, Bt 0
5 -SR] s [RISCR U
Vsl — Vsg
Vig

K, o FoREEflAA (RUR—M), ~a TR E - A
5K 1, e TR M-I K Ty (17) AT, Bl
g PIREAR, B2z N, RIL, RS
B S, B R A B T TR R T - R
KT, BT GORAR N il A

Kl 4(b), (c) 75l A g it A8 42 5 R
BEES [1] (43 Ak K AR, Ll AR R
JE VTRt PR AT AR 2 P 188, & B MK Ao A 40
HA42 R NG LB £ AR Has. 0 (14)
A (15) XFE 4(b), (¢) FATIA, WK 4 e
e th 2 s, WG E R R? 43128 0.9803 Fil

cost) = (17)

024702-5


http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1

) 32 % 3R Acta Phys. Sin. Vol. 74, No. 2 (2025) 024702

B3 SEWr B E B AR R RS S 100 490K S UG R, R R A 3R AR T S AR R AR T, 40 @R (@ 430
RIS F i W S8R F &R F, 439 /R T 0, 81, 83, 85, 100, 130 ns A A9 PR IR | 0 ns B} S A5 T 35 4 43 #ii 78 A M T 1A
81 ns I [ - ¥ 57 T 1 AN B AR ALK, 83 ns I AR AR ] KKK, 85 ns I AUM SR A R 52 L1 40 0K LT AR, 100 ns il
130 ns B IE 7E PR A K

Fig. 3. Nucleation process of nanobubbles on a smooth homogeneous surface under a gas supersaturation of 100, in the figure, the
silver beads represent solid atoms, the green beads represent gas atoms, and the red and white beads represent oxygen and hydro-
gen atoms of the water molecule, respectively, snapshots are shown at0, 81, 83, 85 , 100, and 130 ns. At 0 ns, gas molecules are uni-
formly distributed in the bulk liquid. By 81 ns, a small gas aggregate appears at the solid-liquid interface, at 83 ns, the gas aggreg-
ate has grown significantly, and by 85 ns, it has taken on a nanobubble shape, at 100 ns and 130 ns, the nanobubble is rapidly ex-

panding.
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Fig. 4. Evolution of the geometric characteristics of a nanobubble over time on a smooth, homogeneous surface with a gas supersatura-
tion of 100: (a) Changes in contact angle over time; (b) changes in curvature radius over time; (c) changes in width over time, where
the blue curve represents the simulation data, while the red curve represents the fitted curve, the inset shows the residual histogram.
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Fig. 5. Effect of gas supersaturation on the nucleation kinetics of nanobubbles on a smooth surface: (a) Relationship between the

nucleation time of nanobubbles and gas supersaturation; (b) evolution of nanobubble curvature radius over time; (c) evolution of

nanobubble width over time; (d) evolution of nanobubble contact angle (on the gas side) over time.
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Fig. 6. The theoretical model predicts: (a) The evolution of
the curvature radius of nanobubbles over time under the
conditions of the temperature difference method and alco-
hol-water exchange method; (b) the variation of the critical

nucleation radius with gas supersaturation.
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Fig. 7. Microscopic process of nanobubble nucleation on a rough surface at a gas supersaturation level of 50, a pit is created in the
center of the solid surface, with a width of 4 nm and a depth of 1.34 nm, snapshots are shown at 0, 7.48, 7.6, 50, 80, and 130 ns. At
0 ns, gas molecules are uniformly distributed in the bulk liquid. At 7.48 ns, two gas clusters appear along the lower edges of the pit,
and within the next 0.12 ns, the gas cluster fills the pit completely. From 7.6 ns to 50 ns, the width of the nanobubble within the
pit is pinned, while its height increases significantly. By 80 ns, the nanobubble detaches from the pinning, with both its height and
width increasing. At 130 ns, the nanobubble continues to grow in an unpinned mode.
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Fig. 8. Evolution of nanobubble geometric characteristics over time on a rough surface with a pit width of 4 nm at a gas supersatur-
ation level of 50: (a) Variation of width over time; (b) variation of contact angle over time; (c) variation of curvature radius over

time.
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Fig. 9. The effect of pit size on nanobubble nucleation at a gas supersaturation of 50: (a) Pit width of 1 nm, at 0 ns, the gas is uni-
formly distributed in the liquid phase, at 0.14 ns, the pit is fully filled with the gas phase, at 0.8 ns, gas molecules gradually enter
the gas nucleus in the pit. At 200 ns, more gas molecules have accumulated in the pit's gas nucleus, but the gas nucleus has not yet
grown into a nanobubble. (b) Pit width of 2 nm. At 5.12 ns, a gas aggregate forms in the pit, at 5.16 ns, the pit is fully filled with
the gas phase, at 10 ns, more gas molecules accumulate in the gas nucleus in the pit, at 50 ns, the height of the gas nucleus in-
creases, forming a protrusion. At 100 ns, the gas nucleus escapes from the pit and grows into a nanobubble, at 150 ns and 200 ns,
the nanobubble grows rapidly in a non-pinned mode. (c¢) Pit width of 10 nm. At 50 ns, two gas aggregates form at the bottom of
the pit, at 100 ns, 110 ns, and 120 ns, one of the gas aggregates significantly increases in size, while the other gradually shrinks and
disappears due to the Ostwald effect, at 140 ns, the nanobubble fully occupies the pit, at 180 ns, the width of the nanobubble is
pinned by the pit edge, and the height gradually increases, at 240 ns, the nanobubble escapes the pit's confinement and grows in a

non-pinned mode.
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Abstract

The interfacial nanobubbles (INBs) have been confirmed to exist, and have significant potential for

applications in fields such as mineral flotation, aquaculture, and wastewater treatment. However, the

microscopic nucleation process of INBs is still poorly understood. This study investigates the nucleation process

and growth dynamics of INBs on smooth and rough surfaces under different levels of gas supersaturation.

Molecular dynamics (MD) simulations using GROMACS software package are conducted to observe the

microscopic nucleation process and the temporal evolution of the geometric characteristics of the INBs.

Additionally, a growth dynamics model for INBs is derived based on the Epstein-Plesset gas diffusion theory,

and the predictions from the model are compared with the MD simulation data.

The results indicate that on smooth homogeneous surfaces, the curvature radius and width of INBs increase

progressively with time after nucleation. This growth process is well captured by the theoretical model,
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indicating that the gas diffusion theory provides an accurate description of INB growth dynamics. In addition,
the contact angle (measured on the gas side) during INB growth is not constant but increases initially before
stabilizing. This phenomenon is caused by reducing solid-gas interfacial tension due to higher Laplace pressure,
thus leading the contact angle to increase as the INB radius grows. Furthermore, on smooth homogeneous
surfaces, INBs are observed to nucleate at 81, 17, 6, and 1.3 ns under gas supersaturation levels of 100, 120,
150, and 200, respectively. This demonstrates that higher gas supersaturation significantly shortens the
nucleation time. Additionally, as gas supersaturation increases, the growth rate of INBs after nucleation will
also accelerate. However, at a gas supersaturation level of 50, no nucleation occurrs during the simulation period
of 200 ns. Theoretical analysis reveals that the INBs can only nucleate and grow when the radius of gas
aggregates exceeds the critical nucleation radius ( Reiicat = 0/(CFPo) , where o is the liquid-gas interfacial tension,
¢ is the gas supersaturation level, and P, is the ambient pressure). As gas supersaturation decreases, Ruisical
increases, thus significantly increasing the difficulty of nucleation.

On rough surfaces, pits with widths of 1, 2, 4, and 10 nm are introduced. At a gas supersaturation
of 50, where no INB nucleation occurrs on the smooth surfaces, gas nuclei rapidly form within the pits.
However, only gas nuclei in pits with widths larger than 2 nm can grow into INBs. This is because in the
growth process the pinning effect at the pit edges causes the curvature radius of the gas nucleus to initially
decrease and then increase. Only when the minimum curvature radius exceeds the critical nucleation radius, can
gas nuclei develop into INBs.

The findings of this study provide more in-depth insights into the nucleation mechanism of INBs, and
practical guidance for controlling their generation, and they also deliver theoretical support for relevant

applications such as mineral flotation and other industrial processes.

Smooth substrate Rough substrate
P[] =10 atm P[] =10 atm

z
vl
x

Graphene
(St)
g Cylindrical
; nanobubble
Il
[a\}
Water
+
nanobubble
Five-layer
graphene
(s <
8
8oy § 8 Rpin < Reritical, nuclei stablizes -
= o 7t Rmin > Reritical, nuclei grows id
2 2 6f g L
E 60 | 'g 51 E ol critical = R
i £ 4r E
—
g a0} g 3r =150, R? = 0.9736 o 9T
s 5 2p =120, R* = 0.9745 5
] = 7= 100, R?=0.9803 -
= [CREET il P i | g af
220_ 0 10 20 30 40 50 60 5 §
\IL R e
[ . . . N 9 . .

100 120 140 160 180 200 0 50 100 150
Gas oversaturation Time/ns

Keywords: nanobubble nucleation, smooth surface, rough surface, gas supersaturation
PACS: 47.55.dd, 47.11.Mn, 68.08.—p, 64.60.qe DOI: 10.7498/aps.74.20241487

CSTR: 32037.14.aps.74.20241487

024702-13


http://doi.org/10.7498/aps.74.20241487
https://cstr.cn/32037.14.aps.74.20241487
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1
http://wulixb.iphy.ac.cn/CN/volumn/home.shtml#1

Chinese Physical Society

%ﬂ *ﬁActa Physica Sinica

Institute of Physics, CAS

el BRI PR B EERKIF1EAT A

WikEg A R BEE TR

Nucleation and growth dynamics of nanobubbles on smooth and rough surfaces
YANG Haichang XU Mengdi  XING Yaowen  GUI Xiahui ~ CAO Yijun

5 Fi{5 B Citation: Acta Physica Sinica, 74, 024702 (2025) DOI: 10.7498/aps.74.20241487
TEZE[R]1E View online: https:/doi.org/10.7498/aps.74.20241487
BHAPIZS View table of contents: http://wulixb.iphy.ac.cn

FEAT ARG HoAh S

Articles you may be interested in

LR FIO'C TR A BRI 1A F) 32 BB 1k
Experimental study of confined diffusion of rough and smooth ellipsoidal colloids

WIBEAEA. 2024, 73(14): 148202 https://doi.org/10.7498/aps.73.20240559

B Sk K I 5 T 30 12 b7
Molecular dynamics analysis of shock wave—induced nanobubble collapse in water

WIFIE4. 2021, 70(13): 134702 https://doi.org/10.7498/aps.70.20210058

THARLBE I 4 TN S F 2R DK I AR 3l g 20
Fluid dynamics simulation on water lubricating performance of micro—/nano—textured surfaces considering roughness structures

PyFEEEAR. 2024, 73(11): 114601 https:/doi.org/10.7498/aps.73.20240333

i AR A URELRES 2 TR O [T 2 AL AR 45
Simulation of spatial coherence of laser echo light field from random rough surface in turbulent atmosphere

PFEEEAR . 2022, 71(14): 140201 hitps:/doi.ore/10.7498/aps.71.20212420

S-SR ELATE ] b sl AN RE & 23 RV AL 59 2353l Ak
Molecular dynamics study on the conversion mechanism between momentum and energy components in gas—surface interaction

YrH2E4. 2021, 70(2): 024702 https://doi.org/10.7498/aps.70.20201192

N KIRER f A AR I PR T 3 254 7 Y 2313 )~ AL

Molecular dynamics simulation on dynamic behaviors of nanodroplets impinging on solid surfaces decorated with nanopillars

YIBR2A 4. 2021, 70(13): 134704 hitps://doi.org/10.7498/aps.70.20210094


https://wulixb.iphy.ac.cn
https://doi.org/10.7498/aps.74.20241487
http://wulixb.iphy.ac.cn
https://doi.org/10.7498/aps.73.20240559
https://doi.org/10.7498/aps.70.20210058
https://doi.org/10.7498/aps.73.20240333
https://doi.org/10.7498/aps.71.20212420
https://doi.org/10.7498/aps.70.20201192
https://doi.org/10.7498/aps.70.20210094

	1 引　言
	2 模拟方法
	2.1 模拟设置及参数
	2.2 模拟模型
	2.3 模拟流程
	2.4 模拟结果分析方法
	2.4.1 纳米气泡几何参数分析
	2.4.2 气体在水中溶解度分析
	2.4.3 气体在水中扩散系数分析


	3 理论模型
	4 结果与分析
	4.1 光滑表面纳米气泡成核过程及生长动力学
	4.2 粗糙表面纳米气泡成核过程及生长动力学

	5 结　论
	参考文献

